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Experiments are reported on the microwave spectra of the free
OH radical. The radicals are produced by an electric discharge
in concentrations near 109 at pressures of approximately
0.1 mm Hg. The spectra are detected by Zeeman modulation.
They are due to direct transitions between the A-doublet levels of
each rotational state in the ground vibrational level of the mole-
cule. Spectra due to O'*H, O'¥H, and OYD in IIj and IIj states
have been observed in the 7.7 to 37 kMc/sec region. Intensity
of the lines ranges from about 5X 1076 cm™ to 5X 1078 cm™.

Van Vleck’s theory of molecular energies in 2II and 22 states is
extended to include terms of order (Erot 0r Ey,)?/Eei?. The experi-
mental results are in agreement with theoretical expectations to
about one part in 2000 which is the order of accuracy of the
theory. An improved agreement (to one part in 3500) is obtained
if one allows a small variation (one part in 1400) of the electronic
wave function from one rotational state to the next. The values
of the molecular constants determined from the A-type doubling
data are

4 5 tEt (=1)(|AL,+2BL,|ZX2|BLy|m)/ (Es— En)

= —2361.3742.95 Mc/sec in O*H
and —1548.994-2.10 Mc/sec in O*D;

4 2

. (—1)*| (11| BL, | 2|2/ (Es— Ex) = 576.1841.64 Mc/sec
-states

in O*H and 161.94+1.61 Mc/sec in O'*D;

A/B=—17.444+0.017 in OH and —13.95440.032 in O*D. The
spectra include magnetic hyperfine structure from which the
following values are obtained for parameters that describe the
unpaired electron distribution in the molecule:

(1/73)a= (0.755-0.25) X 102 cm™3

and
(sin2x /%) a= (0.494-0.01) X 102 cm™3,

The hyperfine structure, the molecular magnetic moment and
the line intensities are strongly dependent on the extent of inter-
mediate coupling in agreement with theoretical expectations. The
microwave spectrum can be used in studying chemical properties
of the radical. Its lifetime was determined to be near } sec, and
the effects of certain substances on radical concentration were
examined.

1. INTRODUCTION

REE radicals are unstable molecules or molecular
fragments which usually possess one or more
unpaired electrons. They are chemically very reactive
substances with short lifetimes in most cases much less
than one second. Many have been detected, or postu-
lated to be present, in electrical discharges, flames,
detonations, and in the gas of comets.

The ground electronic state of many free radicals, in
contrast to the vast majority of stable molecules, is not
a = state. In addition to the rotational terms, their
energy levels show prominent fine structure and effects
of coupling between rotation and electronic motion such
as A-type doubling, p-type doubling etc.

Study of free radicals by microwave spectroscopy
should yield detailed information on their energy level
structure and, in addition, one might use the microwave
spectrum to obtain information on their lifetimes, and
the kinetics of chemical processes.

Unstable molecules have been produced in a variety
of ways, e.g., by electric discharges, photolysis, and
pyrolysis. In the experiments to be described, electric
discharges were used, largely because this seemed the
simplest method for our purposes.

Since the plasma of an electric discharge will atten-
uate microwaves strongly, the radicals must be exam-
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ined either in a different location or at a different time
from that at which they are produced. In either case
the radicals must, of course, not be permitted to recom-
bine before they are observed. The choice of materials
for the surfaces with which radicals come in contact,
in view of their high degree of reactivity, is of paramount
importance. In addition, charged particles produced in
the discharge should not be present to any large extent
when the gas is examined by microwaves. In the present
experiments, the discharge tube and the absorption
cell were separated in space, the radicals flowing into
the absorption cell through a glass tube. The alternative
method of examining the radicals in the place they are
produced but at a slightly later time could be par-
ticularly useful in the study of very short-lived sub-
stances. This advantage however would probably be
accompanied by considerable complication of the
apparatus.

For the detection of the spectra a rather conventional
modulation spectrometer! with associated narrow-band
amplifier and phase sensitive detector was constructed.
However, advantage was taken of the large magnetic
moment exhibited by many free radicals. Modulation
was accomplished by radio-frequency variation of a
magnetic field rather than the usual electric field. Such
a modulation scheme simplifies the searching problem
since the spectra of stable molecules, which may be used
as the source of radicals, are not detectable with the
Zeeman spectrometer. The method also makes it
unnecessary to obstruct the wave guide with a metal

1 A. H. Sharbaugh, Rev. Sci. Instr. 21, 120 (1950).
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septum which would reduce the pumping speed and
produce a disastrous amount of recombination of
radicals.

Precise information on free radicals, obtained from
optical or near-optical spectroscopic work, is very
scarce. One is therefore confronted with a searching
problem, since in most cases the microwave spectra
cannot be predicted with much accuracy. Although
the situation is much worse than in the case of stable
molecules, this searching problem is certainly not as
formidable as the ones connected with their instability.

The OH radical was selected for study because it had
been the subject of a considerable amount of quanti-
tative work. The lifetime of the radical was known to
be relatively long? and the absorption frequencies to be
expected® in the microwave region, could be predicted
with sufficient accuracy to render the search problem
not too prohibitive. It was further believed possible to
establish the presence of the radicals by other than
spectroscopic means.*® This last would provide a check
on the operation of the production and transport phase
of the experiment.

The ground electronic state of OH is a ?II. The par-
ticular lines that have been observed in this work are
due to transitions between the two members of the
A-type doublet into which each J level is split. Spectra
have been observed in both the IIy and II; states of the
ground vibrational level. The OH radical is so light
that its rotational spectrum lies in the far infrared. It
is only because the electronic angular momenta are not
zero that transitions appear in the microwave region.

2. EXPERIMENTAL TECHNIQUES
(a) Production of OH-Vacuum System

The OH is produced by a discharge through water
vapor. The all-glass vacuum system (Fig. 1) consists
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F16. 1. Vacuum system and absorption cell.

20, Oldenberg, J. Chem. Phys. 3, 266 (1935).

3 G. H. Dicke and R. M. Crosswhite, Bumblebee Report No.
87, Johns Hopkins University, November, 1948 (unpublished);
Hicks, Ossofsky and Jones, Technical Note No. 130, Ballistic
Research Laboratories, Aberdeen Proving Ground, Maryland,
November, 1949 (unpublished).

4W. H. Rodebush and M. H. Wahl, J. Chem. Phys. 1, 696
(1933); R. W. Campbell and W. H. Rodebush, J. Chem. Phys. 4,
293 (1936).

5H, S. Taylor and G. I. Lavin, J. Am. Chem. Soc. 52, 1910
(1930). W. V. Smith, J. Chem. Phys. 11, 110 (1943).
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of a water source, a discharge tube of 28 mm Pyrex, the
absorption cell, a pair of connecting tubes of 18 mm
Pyrex and a liquid nitrogen trap located near the output
end of the absorption cell. The cell itself consists of a
Corning 707 glass tube, 150 cm long and 30 mm in
diameter. Type 707 glass was used because of its low
dielectric loss at microwave frequencies. In the early
part of this work® a much shorter (75 cm) absorption
cell was in use. The glass tube in the absorption cell is
sealed at both ends and these ends are blown to mini-
mum thickness (to facilitate microwave transmission)
consistent with adequate strength. The system is
pumped by a Welch type 1397B mechanical pump and,
if needed, a DPI MB-100 oil diffusion pump. In the
experiments described here use of the diffusion pump
was not necessary.

Under the operating conditions of continuous flow
about 3 g of water leave the source per hour. The water
vapor enters the discharge tube and the discharge
products flow into the absorption cell and from there
to the liquid nitrogen trap and pumps. A thermocouple
gauge located at point X (Fig. 1) indicates a pressure
near 0.1 mm Hg. This figure must be taken with some
reservations since (1) recombination of radicals occurs
on the thermocouple wires, giving rise to spurious tem-
perature readings; (2) the gauge reading is dependent
on the composition of the gas which is not known and
which varies with discharge conditions.

The discharge is maintained either with a dc supply
and aluminum electrodes, or as shown in Fig. 1, with
external aluminum foil electrodes and power supplied
by a 300-watt oscillator operating in the vicinity of two
megacycles. The high-pressure limit on the stable
operation of the discharge is set by its tendency, at
high pressures, to pass from one electrode into the ab-
sorption cell rather than between the two electrodes.
This tendency of the discharge to “jump” inside the
absorption cell can be appreciably reduced by a
horseshoe magnet placed around the glass tube con-
necting the discharge tube with the absorption cell.

The abundance of radicals in the absorption cell, as
measured by the intensity of the microwave lines, is
strongly dependent on pressure and discharge current.”
In the present apparatus it is not simple to distinguish
between changes in the rate of production of the
radicals and in the rate of their subsequent disap-
pearance through recombination. It may be noted that
maximum intensity is produced with only moderate
excitation. Under conditions of optimum line intensity,
the dc power input to the oscillator is in the neighbor-
hood of 100 watts. To obtain comparable radical
abundance with the dc discharge, more than 500 watts
must be supplied. The discharge is normally powered
by the two-megacycle oscillator.

6 Sanders, Schawlow, Dousmanis, and Townes, Phys. Rev. 89,
1158 (1953); G. C. Dousmanis, Phys. Rev. 94, 789 (A) (1954).

7 Sanders, Schawlow, Dousmanis, and Townes, J. Chem. Phys.
22, 245 (1954).
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(b) Microwave Spectrometer

We confine the description of the microwave spec-
trometer to the wave guide enclosing the absorption
cell and the apparatus for Zeeman modulation. The
other components and detection circuits are those of a
conventional Stark modulation spectrometer! and need
not be described here.

A brass pipe, split in half (Fig. 1) and with holes for
input and output tubes is mounted around the glass
tubing. It operates as a cylindrical wave guide in the
dominant (7TE;;) mode. Microwave power enters and
leaves the absorption cell through tapered sections
which establish connection with standard sizes of rec-
tangular wave guide. The microwave properties of this
system are inferior to those of a Stark modulation cell.
The presence of the glass cell inside the wave-guide
results in an attenuation of the transmitted power by a
factor of about 30. In addition, as the microwave
frequency is varied the transmission varies as a result
of reflections due to the glass, the tapered sections and
the large holes cut in the wave guide. Despite these
shortcomings sufficient power can be transmitted
through the system for spectroscopic work in the region
from 7000 to about 45 000 Mc/sec.

Magnetic fields of a few gauss are produced by a
close-wound single layer coil of No. 14 wire wound over
the wave guide. Since this magnetic field is axial, and
the wave guide is operated in a 7FE mode only AM ==+1
Zeeman components of electric dipole transitions are
observed. During the greater part of these experiments
a modulation frequency near 227 kc/sec was used.
Modulation at a frequency of 100 kc/sec, which was
used in the earlier part of this work,® is equally effective.

The best sensitivity with such a system may be
obtained by use of a square current wave form. How-
ever, production of this type of wave in the coil (whose
self-resonance frequency is approximately one mega-
cycle) appeared so formidable a problem that a sine
wave plus an appropriate amount of dc bias were used
instead. ’

The sentivity of the instrument was determined by
comparison with a Stark spectrometer of known sensi-
tivity. Microwave absorption lines of NO, and ClO,
were examined with both instruments, and the sensi-
tivity (minimum detectable absorption) was found to
be near 10~8 cm™!. A somewhat low sensitivity is to be
expected, because of the inefficient modulation system.

(c) Intensity Considerations

The intensity to be expected for one A-type doubling
transition in OH could not be calculated accurately
before any measurements were made, because of
several uncertainties. First, the abundance of radicals
which may be expected to be present in the absorption
cell was not known. Second, the permanent electric
dipole moment of OH is unknown. Third, one could
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not predict with precision the width of the OH lines at
any particular pressure.

An expression for the peak absorption coefficient of
a microwave line is8?

8m2N f| pij| 22
Ymax= ———L—'; (1)
3ckTAv

where Nf is the number of molecules per cm? in the
lower state of transition, |u;;|?=square of matrix
element of the dipole moment (electric in our case) for
the transition, »=frequency of transition, and Av=half-
width of the line at one half maximum intensity.
Assuming thermal equilibrium, the fraction of OH
molecules in any state may be evaluated, since the
energy level structure is well known. The form of the
dipole moment matrix element is well known? in the
approximation of pure Hund’s case () coupling:

[wis| 2= A2/ (J+1) 2T +1). (2)

[The effect of intermediate coupling on the matrix
element will be discussed in Sec. 4(f).]

Inserting numerical values in (1) for the J=9/2
A-type doubling transition in the IIj state of OH at
»~23 800 Mc/sec, one obtains for a single hyperfine
component

Ymax=2X10~(Bu%/Av) cm™,

where 3 is the percentage of all molecules which are OH
radicals. u is the dipole moment in Debye units and A»
the line breadth parameter in (Mc/sec) per mm. In-
serting the tentative values® u=1.5 and Av=35, we
obtain

Ymax=0.98X10-6 cm™1.

Two previous determinations of the abundance of
OH radicals were available. The first, obtained from
measurements on the ultraviolet spectrum of OH
produced by thermal dissociation of water, and in dc
discharges yields an abundance in the latter case!'3
of about 0.19,. With abundance of this order we would
have in the present work ymax~9X10~8 cm™!, which is
detectable, but with some difficulty.

The second method is less direct, and consists in
inferring the radical abundance in the vapor from the
concentration of HyO; in the condensate produced on
the liquid nitrogen trap exposed to this vapor.? This
method rests on a belief that the mechanism responsible
for the production of Hy0, is OH+OH-+M—H-0,,"

8J. H. Van Vleck and V. Weisskoff, Revs. Modern Phys. 17,
228 (1945).

9 C. H. Townes and A. L. Schawlow, Microwave Spectroscopy
(McGraw-Hill Book Company, Inc., New York, 1955).
( 1o R). P. Madden and W. S. Benedict, J. Chem. Phys. 23, 408
1955).

1A, A, Frost and O. Oldenberg, J. Chem. Phys. 4, 642 (1936).

12, Oldenberg and F. F. Rieke, J. Chem. Phys. 6, 439 (1938);
7, 485 (1939). ‘

B R. J. Dwyer and O. Oldenberg, J. Chem. Phys. 12, 351 (1944).

14 See K. H. Geib, J. Chem. Phys. 4, 391 (1938) for objections
to such a mechanism of HO, production.
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F=Jt1/2
F=J-1/2
J | A\- DOUBLING SEPARATION
(23,823 Mc /sec  FOR J=9/2)
T - F=J+1/2
L FeJ-1/2
OBSERVED SPECTRUM: T 1 1 T
FREQUENCY (Mc /sec) 23,800 23,840

F16. 2. Diagram indicating the A-type doubling and hyperfine
structure in one rotational level of the IT; state of OH. The
spectrum shown is that of the J=9/2 level.

where M is a third body in or on the trap walls. H;0,
concentrations as high as 509, have been obtained both
by the original experimenters and the present workers,
leading to the conclusion that the dissociation of H,O
is nearly complete. From the above expression, 8= 50%,
2iVes Ymax=4.5X10"% cm™, or a signal-to-noise ratio
of about 4000 or more. However, these tests for OH
were found to need re-evaluation when the microwave
spectrum was detected.

3. OBSERVED SPECTRA OF OH AND OD

Each rotational level of OH, in both the II and the
II; states, is split into a A-type doublet. Each component
of the doublet is further split by magnetic hyperfine
structure, due to hydrogen or deuterium, into com-
ponents characterized by the total angular momentum
F(=J+1). F, of course, takes on the values J+3 and
J—3% in OH, and J+1, J and J—1 in OD. Figure 2
shows the energy level arrangement for J=9/2 in the
II; state of OH.

From the selection rule AF=0, 41, every A-type
doubling transition is expected to be split into four
hyperfine components in OH and seven in OD. In
transitions of the type AJ =0, the hyperfine lines arising
from the AF=0 transitions will be the strongest. There
are two such components in OH and three in OD. The
AF=-1 transitions (“satellite’ lines) are much
weaker's than the main (AF=0) lines. These satellites
have been observed in the strongest of the A-doubling
transitions (J=9/2 II; state) in OH that are reported
here.

Transitions due to several rotational states of O'H,
OH, and O'*D, in both the II; and II; states have been

15 Relative intensities for the hyperfine components are given
in reference 9 and elsewhere.
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observed. The observed signal to noise ratio ranges
from 10/1 (I state, J=11/2 of OD) to about 1000/1
(I; state, J=9/2 of OH). The OH spectrum was
obtained with a water sample enriched to 1.49 in O,
A representative value of the line half-width at one-half
maximum intensity is about 800 kc/sec. This rather
large width is due to a somewhat higher (0.1 mm Hg)
pressure than is usual for microwave spectroscopy and
to the sine wave modulation.

The measured frequencies and their quantum assign-
ments aregiven in Table I. The quantum number N
designates’ the sum of the electron orbital (A) and the
rotational angular momentum. J is N+S and equals
N-+% in the I state and N—3% in the II; state. It is

TaBLE I. Frequencies of the observed A-type doubling transitions
in OH and OD

Elec-
tronic
state N J

Experimental
frequency
(Mc/sec)

Mole-

cule Hyperfine transition

OsH 1Im,; 2 3/2 F=1-F=1 7 760.360.15
F=2—F=2 7 819.920.10
3 572 F=2—F=2 8135.510.15
F=3—F=3 8188.94-£0.10
m 3 72 F=3—F=3 13 434.62=-0.05
F=4—F=4 13 441.36-0.05
4 92 F=5-F=4 23 806.5 0.5
F=4—F=14 23 818.18+0.05
F=5-F=5 23 826.90+0.05
F=4—F=5 23837.8 +0.3
5 112 F=5-F=5 36 983.47£0.15
F=6—F=6 36 994.43+0.15
OSH I 4 9/2 F=4—F=4 23469.5 +0.5
F=5—F=5 23479.1 +0.5
oD 1I; 3 5/2 F=3/2-F=3/2  $110.2040.10
=5/2F=5/2 8117.69+0.10
F=T/2-F=7/2  8127.64£0.15
4 12 =5/2-F=5/2  9578.51:£0.15
F=7/2-F=7/2  9586.030.10
F=9/2—F=9/2  9595.26-£0.10
5 9/2 F=7/2-F=7/2  10191.64+0.10
F=9/2—F=9/2  10199.10£0.10
F=11/2—F=11/2 10208.14+0.10
6 11/2 F=9/2—F=9/2  9914.39+0.10
F=11/2—F=11/2  9921.53+0.10
F=13/2-F=13/2  9929.88-£0.10

oD I 5 11/2 F=9/2-F=9/2
F=11/2—F= 11/2 8 672.36-0.10

F=13/2—F=13/2

6 13/2 F=11/2—F=11/2
F=13/2—F=13/2} 12918.01%0.10

F=15/2—F=15/2

7 15/2 F=13/2—F=13/2
F=15/2—F=15/2¢ 18009.600.10

F=17/2—F=17/2

8 17/2 F=15/2—F=15/2
F=17/2—F=17/2} 23907.1240.10

F=19/2—F=19/2
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noted that the quantum number & is well defined only
for the higher rotational states.

The initial assignment® V,J for the I3 state of OH
was based on ultraviolet data.? However, these quantum
numbers can be assigned from the fact that the fre-
quencies of any two of the observed transitions of OD
or of the II; state of OH allow, with the proper assign-
ment, accurate prediction of all the other frequencies.
The assignment is furthermore confirmed by relative
intensity measurements and the observed hfs patterns.

Assignment of the quantum number F is based on
the observed relative intensities of the strongest
(AF=0) hyperfine components for a given J, which
should be approximately proportional to the respective
values of F.

One might be surprised that transitions due to the II;
state have been detected with a magnetic spectrometer.
The magnetic moment in this state, in a pure Hund’s
case (e¢) quantization would be expected to be close to
zero as a result of cancellation of the contributions from
the electron orbital motion and the -electron spin.
However, the rotational energy will gradually decouple
the spin from the orbital angular momentum [inter-
mediate coupling between Hund’s cases (a) and (b)].
This spin uncoupling effect introduces a substantial
magnetic moment into the II; state even for as low a
value of J as £, and makes possible the Zeeman modu-
lation of the spectra by magnetic fields of about S gauss.
A more detailed discussion of the molecular magnetic
moment appears in Sec. 4(d).

4. THEORY

(a) The Hamiltonian, Wave Functions in the
Intermediate Coupling State, and
Approximate Energies

The molecular Hamiltonian involves (a) the rota-
tional terms and the fine structure interaction L-S
(designated hereafter as H;), (b) magnetic hyperfine
structure (H,), and (c) the interaction with an external
magnetic field (H3). The interaction due to the quad-
rupole moment of the deuteron is expected to be small
and will not be discussed since the observed hyperfine
structure in OD can be accounted for within the present
experimental error by the magnetic hyperfine inter-
action alone.

Hyotar is then taken as Hi+H,+ H;, where

Hl:B[<Jz_Sx_Lx)2+ (]y_Sy_Ly>2]
+ALS.AA(L,S.+L,S,)
=B[J(J+1)—A2]+BS(S+1)+AL.S,—2BI-S (3)
+B(LA LA+ (2B+A4) (LoS.+LyS,y)
—2B(J Lo+T,L,).

The z direction is along the internuclear axis. As
usual, 4 and B designate the fine structure interaction
and rotational constants respectively, L and S the
electron orbital and spin angular momenta, and J the
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total molecular angular momentum exclusive of nuclear
spin. A is the quantum number associated with L,.
Definitions of the various symbols used and values of
the constants in OH and OD are given in Appendix I.

The first two lines in (3) give rise to the rotational
and spin-orbit interaction energies; these terms are
diagonal in A. The term B(L,24L,?) is diagonal in A
and, to a high order of approximation, independent of J.
Hence it adds to the energy a constant that will be ig-
nored for the moment. The terms (2B+A4) (L,S,+L,S,)
and —2B(J,L,+J,L,) are off-diagonal in A and give
rise to the A-type doubling. Note that 4 and B are the
fine structure and rotational constants with their usual
meaning only in those terms of (3) that are diagonal
in A.

The magnetic hyperfine and Zeeman parts of the
Hamiltonian (Hsand H3;) are discussed in Secs. 4(c) and
4(d), respectively. In the present section the eigenvalues
arising from H will be given and wave functions con-
structed for %II states in the general coupling scheme,
intermediate between Hund’s cases () and (b). These
wave functions are necessary for the calculation of the
molecular magnetic moment, the hyperfine structure
and the electric dipole moment matrix element, since
the experimental data indicate a strong dependence of
these quantities on the extent of intermediate coupling.

The matrix elements of H; have been given by Van
Vleck!® on the basis of wave functions that correspond
to a Hund’s case (&) coupling scheme. In this repre-
sentation both the electron orbital and spin angular
momenta are quantized along the internuclear axis
with eigenvalues A and 2, respectively. The total
angular momentum along the axis is designated by
Q(=A+Z2). The angular momentum due to the end
over end rotation of the nuclei is added to @ to form J.

There are six states to be considered: II;, 11, II,,
IT_;, 23, 2_;. The interactions between all pairs of states
form a six-by-six determinant which can be factored!$
into two cubics by introducing wave functions of the
symmetric and antisymmetric type rather than those
that represent angular momentum of constant sign
about the internuclear axis. In terms of the previous
set (I3, 11, etc.) the new wave functions are

Ipsym, ant. =™ [\b(A;E;Q):‘:‘l/(_A; -z, — Q)]/\/Q— (4)

One of the two 3-by-3 determinants into which the
secular equation factors is

>N | U 1

Zylk—=N n
M| u* B—X\ e (5)
I | n* e y—A

The matrix elements, as given by Van Vleck,'® along
with the phase conventions to be observed, are repro-
duced in Appendix II. In (5), k=a+6 and u=04¢,

16 T, H. Van Vleck, Phys. Rev. 33, 467 (1929).
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where

a=Es—EntB.(J+3), 6=(—1)B.(+3),
6=(I1|AL,+2BL,|Z)
and
¢=(=1)2A1|BL,|Z)(J+3).

The other cubic determinant is identical with (5) except
that k=a—4d and u=0—¢.

Our procedure in this paper is to diagonalize (5) to
successively higher orders of approximation. The
energies can be written (order of magnitude) as

ENI:(1+A/B+ (B or A)/Eelec
+ ((B or A)/Eelec))2+ v ']B- (6)

The expansion parameters, then are (Erotational/
Eelectronic); and (Eﬁne structL_lre/ -Eelectroni<:)~17 Eeec=Ez—En.
With the constants'® 4 =—139.7 cm™, B=18.52 cm™,
and E=32 682.5 cm™!, the numerical values of the ex-
pansion parameters in OH are (B/E)=1/1765 and
(4/E)=1/234. (In other molecules the values are of
the same general order of magnitude and in all cases
the expansion converges rather rapidly.) A repre-
sentative figure for our experimental accuracy is one
part in 150 000. Hence the expansion should include
terms of at least second order in the expansion param-
eters. Even the third order term [(B or 4)3/Eq*]B is
actually somewhat larger than the experimental error.
There are, however, several other small effects of the
same order of magnitude (see Sec. 5a) that are ne-
glected ; hence inclusion of this term alone would not
be justified. The terms of (6) will be corrected, to the
appropriate order, for effects of coupling of rotation to
vibrational motion, i.e., B is to be taken as B,[=B,
— (v+%)a.], where «a, is the vibration-rotation inter-
action constant and' also is to be corrected for cen-
trifugal distortion.

The two II states are only 140 cm™! apart, whereas
the 2 state lies 32 683 cm™! above them. Hence the
rotational and spin-orbit energies [zero-order term in
(6)] can be obtained by diagonalizing the submatrix

B—X €
( €* 'y—)\). "
The result is!®

A=3B+7)£I[(B—v)*+4] |2
=3(B+7)£3B,X, ®)
where

X=+[4U++NA—D A=4/B,.  (9)

The diagonalization of (7) yields in addition the
needed wave functions:

17One may note that in expansion (6) the terms (B/E)°,
(B/E), (B/E) correspond to terms (m/M), (m/M)?, (m/M )3, in
Born-Oppenheimer approximation. )

18 G. Herzberg, Molecular Spectra and Molecular Structure. (D.
Van Nostrand Company, Inc., New York, 1950), vol. 1.
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X—242\} X+2-2\}
Yo 1= (—~——) ¢<n9$(—~——~) J(I),
2X 2X
(10)

X—2+>\)%

X+2—A\?
Ylnt. 2=:f:( tl/(H%)-l—(**w——) Y (10y).
2X 2X

Y (I1;) and y(I13) represent pure Hund’s case (¢) wave
functions. In the double signs of (10) the upper ones
apply to regular fine structure doublets (A positive) and
the lower to inverted doublets (A negative). By letting
A—+ o one sees from (10) that Y1t 1 and Y144, 2 denote
those wave functions in the intermediate state that
represent the pure II; and II; states respectively in the
limit of Hund’s case (a) of regular doublets. For in-
verted doublets this connection is reversed, i.e., for
negative values of A,

Yine1 = Y(Iy), Yme 2 — ¢ (IL).

In the limit, Hund’s case (b) (2BJ >3>|A4]), the wave
functions (10) will represent the two components of the
spin doublet. In particular Y 1m¢. 1 and Ying. 2 g0 over
to the states with J=N-+43 and J=N—3 respectively.
Expression (10) applies also to the lowest rotational
level and properly expresses the fact that this state
(|7]=%) is a pure ¢(I1;) level. For J=% ¢1n. 1 and
Y1nt. 2 equal Y (I1;) for A positive and negative respec-
tively. As mentioned above, wave functions (10) will
be used in evaluating the magnetic moment, hfs and
line intensities. The effect of the ¥ state which has
been neglected in constructing (10) can be taken into
account, when required in the calculation of these
quantities, by second-order perturbation theory.

(b) Molecular Energies to Order [(E,.: or Eg)/
E.%. A-Doubling in *IT and p-Doubling
in 2X States

The terms in first and second order in the expansion
parameters that are to be considered arise from the
interactions between the %I and 22 states. The most
important effects of these interactions are the A-type
doubling in the 2II states and the p-type doubling in
the 22 state. '

These higher order terms are derived as follows: The
determinant (5) is expanded and written in the form

kBy+uen*+mute*— Byt — yuu* — kee*
— (B+ry+By — ee* —pu*— I+ (k+B+7)N—N
=A=M)A—A)A—2Ns), (11)

A=AOND, =12, 3. (12)

In (12) M@, A.@, X3© are the zero-order solutions of

5):

where

)\1(0)—"—‘/{, )\2, 3(0)=%(ﬁ+’y:|:BpX)- (13)

If the A; from (12) are introduced into (11) and terms
higher than first-order in \;® or 1/E are omitted, three
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linear equations for the unknowns X\; are obtained.
MO = (up*+n*)/E,
(w* ™) 1 1 (B=7) (up*—n™)
2E EB,XL 2
+Men*+#*e*n]~ (14)

Ay 30 = —

The energies to this order had already been given!® in
terms of these matrix elements.

We carry out this procedure once more to obtain the
next order terms. The derivation will be only briefly
outlined here since it is rather straightforward, although
tedious and lengthy. We write

=)\i(0)+>\i(l)+>\i(2), 1= 1, 2, 3 (15)
A @4X; W is the sum of the zero and first order terms
given by (13) and (14). Inserting (15) in (11) and
equating coefficients of the same powers of A on both
sides, one obtains three cubics in the new unknowns
A\:®. These become the following three linear equations
when terms in powers of A\;® higher than the first and
those in 1/E higher than the second are omitted.

1
MO = E[uu*ﬁ%—nn*ﬂ-uen*-l—nu*&*

— (m*+up*) (@' +8) ],
( (ﬁ+v)2~3p2X2)

(16)

g, 5@ =

[ (uu*+-m7*)
E*B,X

6+7:|:BPX>

— (e By +pen ™ +-nu*e¥) ( 5

— (o’ +08) (Bm* +yup* — pen* — u*e*n)

B+v£B,X
+ (&' 4-8) (m*+-up™) (——2——‘)

L(B—)2uu*m*+ ee* (u2u*2+n2n*?)

B 2X2
— 2up*m*ee* — (B—) (uu*—nm*)

X (uen*—l-nu*é*)]]« (17)
In Egs. (13)-(17) where double signs occur the upper
ones are to be taken for the II; state and the lower for
the II; state in inverted doublets. In regular doublets
the upper signs apply to the II; state and the lower to
the II; state.

The energies then, to second order, are the sum

PRONBWONE WS

The \; given above represents only one component of
the A-type doublet in each II state and given J. The
energy of the other is given by the same expressions
except that § is replaced by —é and ¢ by —¢.

The energy expressions involve the molecular con-
stants E(=Ez— En), B,, Bs, \(=A4/B,) and the fol-
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lowing two products of specific matrix elements con-
necting the 2IT with the 22 state:

(1| AL,+2BL,|2)(=| BL,|II)
and
[{I|BL,[Z)|2

One considers the quantities

(M| AL,+2BL,|Z)(Z|BL,|II)
a;nE4 Z (_1)3 ’
Z-states EZ—EH
(| BL,|Z)|*

Es—Eq

(18)
Br=4 2.

Z-states

(=1

as additional molecular parameters that measure the
effects of 2= states on the 2II state. The summation
over 2 states in (18) is to indicate that the interactions
of all 2 states with the *II are taken into account.

The interaction with the 22 state produces a shift in
the energy of each J level in the 2II states and in
addition splits it into the A-type doublet. We write then
for the energy of a level with given J:

W=Wi£3W, 19)

where W, represents the splitting of the A-type doublet.
Explicit expressions for W in terms of J and the
molecular constants can be obtained from Egs. (13),
(14), and (17) using the matrix elements listed in
Appendix IT. They are
II

Wi=B,'(J—3)(J+5)+

+C1

= -y <J+§>(1+E(f—§> 7+

Euew)-(2Yion]

# 2 e (1+20-DuH-— )

DU-HU+|
i )[1+—<J <J+%>—€i(f+%>2]

Sﬁpk
)(”2)[ ((2~ )+J(J+1)+3)

B, X3
+6p2(f+%)2[(2—>\)2+1:|—Zapﬁp(z—%)
ay* ap3(2—>\)]
68, 4B,

14 B:o_Bs
_ﬁ_LE__,_Z]z(]+1)2,

><[J(J+1)+%]+1

(20)
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where

B,—B;
a2
48,/\ 2E
a,r—26,"
Bp"=Bp(1——-—),
86,1
@/ AB, B,—B,
e (i
55,

2E E

1
"Eﬁp(l‘l"

a,Bs
2F

\B, BP—BS)
2E  8E

(J+3)

DOUSMANIS, SANDERS,

AND TOWNES

(One may add to C; the term B,(L,2+L,?) that was
neglected earlier.) Denoting the first- and second-order
contributions to W as »4® and »4® one obtains

<z>~iE—Xﬂ,,[<z<J )<J+%>¢X)(<BS—BP><J+%>2+BP(?(+(J—%><J+-%>))

2B (3 D)= T/440/2) = (T—) <J+%))]¢

X (@2B,(J(J+1)—1)—2B,(J—

where
Co=—2a,8,(N2—4+6)+ (3a,*+48,%) (2—N) —a,*/B,.

In (20), (22), and (23) the upper signs apply to the II;
states of regular doublets and the II; states of inverted
ones. The lower signs are to be taken for the II; state
of regular and the II; state of inverted doublets. For
molecules close to Hund’s case (b) the upper and lower
signs apply to states with N=J+% and N=J—%, re-
spectively.

The terms in first and second order in expansion
parameters appear above in a somewhat disguised form.
First order terms are directly proportional to a,, 8, or
a,?/B,, whereas the ones in second order have de-
nominators £ or B,X?3.

The energy expressions given above do not contain
terms due to the interaction between the electron mag-
netic moment and magnetic fields generated directly
by the rotation of the nuclei. Such terms have the form
vN-S. These small effects are not easily separated from
the ones due to the 2II—2¥ interaction. The yN-S
interaction may be explicitly introduced in the Hamil-
tonian. One then should add the constant term —v/2 to
the energies of II; and II; states and replace in the

intermediate coupling formulas A by A-v/B, and X'

approximately by
X'=[4(J+3)’A—~/2B,)+N(A—4)+2\y/B,

v is of order (m/M)A, and hence much smaller than
either 4 or B. In the %2 state this interaction will, in

3 (J+3))+B:2(J+3)—N)]

Wo=pa W40, ®, (21)
. +2—-M\ 4
=y H (T -
XT+DU+D, (22)
(+3)
: ~HU+HEX)
T+13) ag? C:(J—HT+H) (T+3
( 2 f—p—Bs(}\—ZZFX). a( 2)( 3)( 2), (23)
EX 48, B,X?

addition, contribute directly to the p-type doubling as
will be discussed below.

We will discuss here the A-type doubling in some
detail. The energy expressions given above apply in the
general coupling scheme intermediate between Hund’s
cases (a) and (b). Simplified forms of the first order
term v, @ for the pure cases (a) or (b) can be obtained.
However, if one uses the second order term »4;®, the
general formula (22) should be used for »,@® rather
than any limiting case form since the effects of inter-
mediate coupling are almost always larger than the
correction vy @.

On the other hand, along with the general formula
(22) for vo® one can use, for molecules extremely close
to pure coupling scheme, simplified forms of »;,®. From
(23), letting A—==, one derives for pure Hund’s case
(a) (|4| >2BJ) for II; states:

= (22 (14 -2 g,

and for II; states

apr—28y
yA® =

In (24) and (25) the upper and lower signs apply to
inverted and regular doublets respectively. In deriving
these formulas terms of the form AB?/E? and B?/E?
have been neglected as small compared to A*B/E?.

For the limiting case (8) (2BJ >>|4|) from (23)

)(1A1><J+%>. (25)
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letting A—0
2 (BS"‘ Bp)
E

yA® =t B[ 2(J+1)2T (J+1) (2T +1)

B,

+B,
7 Bp[ 2T (J+1)+31417. (26)

+3/(J+1)+1% 1+

The upper and lower signs apply to states with N=J-+%
and N=J—3% respectively. Again in deriving (26) only
terms of the form B?/E? have been retained, the terms
A%B/E? and AB?/E? being neglected. Hence (26) and
also (24), (25) should hold only for cases very close to
the pure coupling schemes. For cases such as the OH
where |A|~2BJ the general formula (23) has to be
applied.

In the 2T state for each rotational level with rota-
tional angular momentum quantum number N there
are two states that correspond to the two orientations
of S relative to N. The energies are the sum A\ @\, @
+M® given by (13), (14), and (16). Corresponding to
J=N=F%, one takes in these expressions k=a= (—1)%5
and u=0= (—1)5¢. Thus for levels of the same N:

AB,
W2=C3+BSIN(N+1):|:I:OZ3(1—E)

B, aiB,
~35(1-=) -+
2E) 48.E

B,—B,

i(as—-%s)( )N<N+1><N+%)

~ /B,—B,
-I-ZBs( . )N2<N+1>2, @)

where

s 4—X\\ B B
cs=E~a—[l+( )—f]:ﬁ 2(3—))
2 2 E 2K
ag? 1—-\\ B,
e ( (5)7)
48, 2 JE

o’ (B p"l_Bs
+ ( )
48, E
The constants «;, 8, are defined as

(O] AL,+2BLy|Z)(Z| BL,|TI)

and

, —E,-, B B,—B,
Bs '—Bs+2ﬁs 1 O
E 2E

A= 4 Z (_— 1)8 )
II-states EE_ EH
(28)
| (1| BL,|Z)|?
B=4 X (—1)—/—,
II-states EZ_ EII
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and differ from a, and B, only in that the summation
is over all II instead of over all 2 states. If only one II
state interacts with one 2 state then a,=a;, 8,=0;.
The upper and lower signs in (27) apply to the states
with J=N—3 and J=N+1 respectively.

The energy difference between these two states gives
the p-type doubling:

B, B,\ aB,
Vp=2[a(1— )-2;38(1——)~ ](N-i—%)
2E 28] 48.E

B,—B,
—}—(as—ZBs)(T)N(N+1)(2N+1).» (29)

One sees from (29) that when the magnetic interaction
constant A is zero, a,=28, and both first- and second-
order contributions to », vanish. Hence in this case the
interaction with the ?II state (L-uncoupling) does not
remove the degeneracy of the levels with J=N=+1% in
2> state. The degeneracy however can be removed
directly by magnetic fields generated by the rotation
of the nuclei themselves rather than the transfer of
rotational angular momentum to the electrons. The
direct interaction (N-S) produces a splitting

v,’=const(N+3),

which is of the same form as the first term of (29).

Certain points concerning the form of the energy
expressions for the ’II and 2% states should be noted.
The inclusion of effects in second order does not intro-
duce any new parameters. a, (3, and the similar
quantities a, and B, suffice to describe the *[I—22
interactions to both first and second order in expansion
parameters.!® Part, but not all, of the first and second
order terms (aside from the ones that contribute to
doubling) have the J or N dependence of the usual
rotational energy terms. The effect of these terms
appears as a contribution to that due to the ‘“bona fide”
moment of inertia. However, only a part of the higher
order terms can be accounted for by expressions like
Bettectived (J+1). There are also terms of the form
J2(J+1)2 or N2(N+1)? which will add to the usual
centrifugal distortion term.

The relative order of magnitude of the first and
second order terms can be readily established by com-
paring, for instance, the two contributions »,® and
va® to the A-type doubling. Inserting approximate
numerical values in (22) and (23) above for OH, one
sees that

ya®~(1/350)r, @,

which is of the order to be expected from the values
(1/234) and (1/1726) of our expansion parameters.
From this result one might surmise that the energy

¥ Note added in proof—The constants o?, B2 that appear in
some of the second-order terms are strictly the squares of the
first-order constants a and $ only in the approximation of one IT
state interacting with one or several closely spaced 2 states.
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expressions given above should account for the 2II—2%
interactions to about one part in 100 000 which is com-
parable to the experimental accuracy. There are, how-
ever, substantial corrections to be applied to these
formulas. The most important one, which also can be
readily taken into account, is the effect of centrifugal
distortion on the moment of inertia. In addition to B
this would affect A and also a,, Bp, as, Bs.
The rotational constant may be written

B=nJ1-2"
= 0[ —B—of(NOI‘J)],

where D, is the centrifugal distortion constant
(=4B%/wyn?). In 22 states and also in the limiting
Hund’s case (b) for I states, f(V) is N(N+1). We
will use here a more elaborate form, derived in Sec. 41,
which applies to intermediate coupling states. A then

has the form
(+5)
A=A\ —f),
0 B

and in quantities such as a,,

(11| BL,|2)
Dy,
=(<HIBLu|E>)o(1—B—0f)- (30)

Expression (30) implies the separation of B from the
rest of the matrix element (pure precession hypothesis,
only approximately correct), but only for the centrifugal
correction on B. For the main contribution to the
energies the constants to be determined from the data,
defined in (18) and (28) above, are quite independent
of this restriction.

When one strives for theoretical accuracy com-
parable to that of the data, the question arises whether
the constants a,, 8p, as, 3s are independent of small
changes in internuclear distance (aside from the direct
effect on B) that result from centrifugal stretching. A
small change of the wave function from one rotational
state to the next, affecting the matrix (II| L,|Z) is not
unexpected in extremely light molecules such as the
OH. Such a variation is indicated by the experimental
data and is discussed, along with some other small con-
tributions to the energies, in Sec. 5(a).

(c) Magnetic Hyperfine Structure

The magnetic hyperfine structure may be considered
to arise from (&) the interaction (I-L) of the nuclear
magnetic moment with the orbital motion of the
unpaired electron or electrons (b) the dipole-dipole
interaction I-S/#—3(-r)(S-1)/7® and (¢) the rela-
tivistic part of the spin-spin interaction that is charac-
teristic of atomic s-states.

The theory of magnetic hyperfine structure in dia-

SANDERS, AND TOWNES

tomic molecules has been given by Frosch and Foley,®
who derived the Hamiltonian from the Dirac equation
for the electron. An alternative and simplified deriva-
tion of the hyperfine interaction, along the lines
indicated in the preceding paragraph, has also been
given.?! This recent re-examination of the theory has
revealed that two constants (denoted below by d and e)
in the Hamiltonian of Frosch and Foley need be cor-
rected by numerical factors of two. Aside from this the
Hamiltonian is that of Frosch and Foley. Thus

Hy=al-L+ (b+¢)1.S,+3b(I+S—+I-S*)
+1d(2ie[-S—e2ie[+SY)

telete(STLATI7S.)+e e (STLA+TIFS)],  (31)

where

It=I+4il, I[-=I,—il,, etc.,

M
a=2uo—(1/7")n,
I
ur 167 wur
b= —uo—[ (3 cos?>x—1)/7 Jn+—wo—¢*(0),
I . 3 I
Mr
c= 3,11.07[ (3 COSzx— 1)/73]Av,
Mr
d= 3#07 (sin’x/7)w,

o
e= 3;107 (siny cosx/7*) .

wo is the Bohr magneton (taken as positive) and u; and
I are the nuclear magnetic moment and spin respec-
tively. r denotes the radius vector from the nucleus to
the interacting electron and x the angle between r and
the internuclear axis. The angle ¢ is defined through
the relations x=r siny cos¢, y=7 sinx sing, hence the
¢ dependence of the wave function is exite. ¢2(0) is
the probability density of electron spin at the nucleus
whose hyperfine interaction is being considered.

The averages are to be taken only over the electron
or electrons that contribute to the hyperfine interaction.
In particular, the average involved in the constant a
is to be taken over the electron(s) possessing unpaired
orbital angular momentum, whereas the constants b, c,
d, and e are associated with electron(s) carrying un-
paired spins. The terms af.L, and (b+4¢)I.S, in (31)
have matrix elements diagonal in A and = and give the
same energy contributions to each member of the A-type
doublet. The operator

A(eieI-S—Fe2ieT+ST) /2

2 R. A. Frosch and H. M. Foley, Phys. Rev. 88, 1347 (1952).
21 G, C. Dousmanis, Phys. Rev. 97, 967 (1955).
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has matrix elements of the form AA=+42 and for
specific values of A and 2 gives equal and opposite
contributions to each member of the A doublet.??

The matrix elements of H, are written down in a
pure Hund’s case (@) representation, using the relation?:

(@J | I/ Ty={aT | Ji|'TY1- T/ T (JT+1)

for matrix elements diagonal in J.
Thus

(] Ho | 1) =3[a— 3 (b-+0)T1- J/T (J+1)
+3dT+DL-I/TT+1),

(] Ha| M) =3[a+3 (0-+0) I1- 3/ T (T+1),

(W] Ha| )= — 3L (=3 T+PPL-I/T(T+1).

32)

The hyperfine energies are evaluated from these matrix
elements and the wave functions given in (10) above.
For the general coupling case intermediate between ()
and (‘b)

1
Whts= [mwizx+2—m
X
+o(4(J—3) (J+HEX+4-2))
I.J
o X+4- zn]
J(J+1)
+£X—24N\ 7 (T+HI-T
2 ( +2X )(.KJ+D 33)

The double signs in (33) need elaborate explanation.
The positive sign in front of X applies to states that
go over to the pure II; state of Hund’s case (a) for
regular fine structure doublets or the IIy state in
inverted doublets. For states close to case (b), the
positive sign applies to that state that goes over to the
J=N-+2% member of the spin doublet. The negative
sign in front of X is to be taken with states that are
connected in case (@) with the II; state for regular
doublets or the II; state for inverted omes, and in
Hund’s case (b) with the state J=N—1.

The terms of (33) proportional to a, b and ¢ give
identical hyperfine structure for each member of the
A doublet. Superimposed on this structure appears the
“hyperfine doubling” term in d which gives equal and
opposite contributions to each member of the A doublet.
The positive sign in front of d applies to the upper and
the negative to the lower A-doublet level in II; states
in case (@) and the state with J=N-% case (b). The
signs are the reverse in case (b) for the state J=N—3.
The term in d vanishes for II; states in case (a).

22 For a detailed description of this ‘“hyperfine doubling” see

reference 9.
B E. U. Condon and G. H. Shortley, The Theory of Atomic
Spectra (Cambridge University Press, Cambridge, 1953), p. 61.
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Simplified expressions for W that apply in the
limiting cases can be derived from (33) by letting
A—= o0 or A—0. These special formulas have been given
elsewhere.?

Certain second- order effects have been neglected in
deriving (33). These are due to cross terms between
molecular (H;) and hyperfine operators (H,) with
matrix elements of the form AA=4-1, which connect 2II
and 22 states. These effects are very similar to the CI-J
interactions in ¥ molecules. Their approximate mag-
nitude is

A BJ
——Whts oOF
Ez— EH Ez—' En

or for OH about 0.4 Mc/sec. These effects then would
give contributions somewhat larger than our experi-
mental error, but not substantial enough to warrant
quantitative determination from the present data.
Terms of the form Wt/ (Es— En), Wt/ (Eny— Eny)
and Wi/ Erot are smaller than the experimental error
by an order of magnitude.

° ths

(d) Molecular Magnetic Moment and Zeeman
Effect

The effects of intermediate coupling manifest them-
selves rather prominently in the molecular magnetic
moment. In a Hund’s case (a) coupling scheme both L
and S are quantized along the internuclear axis. The
magnetic moment in the II; state would be rather large
(about two Bohr magnetons) whereas it would be
close to zero in the II; state. An increasing amount of
end-over-end rotation of the nuclei gradually decouples
the spin from the axis and the II; state gains thereby
magnetic moment at the expense of the II; state. The
extent of spin uncoupling for given J depends exclu-
sively on the relative values of the spin-orbit coupling
constant 4 and the rotational constant B.

Quantitatively, the magnetic moment operator
(—uo)(L+2S) is evaluated in the appropriate inter-
mediate coupling eigenstate represented by the wave
functions (10) above. We assume that the applied
magnetic fields are too small (as is our case) to influence
the molecular coupling. The matrix elements are

(| pr | TT3)=0,
(I3 po| Ty = —3ue/[J (J+1) ],
(3| s | M) =u (T—35) (T+3)/T (T+1) 5

From above and (10) the magnetic moment is obtained
as

(3 2(J—- )(J+i)—§x+3) 30
U(J-H)] 2 [AU+HD0-9]

In the double sign of (34), the positive one applies to
II; states of regular and IIj states of inverted doublets
in Hund’s case (@) and to the state with J=N-+3% in
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F16. 3. The magnetic moment of OH as a function of J (from
theory). Intermediate coupling introduces increasing amounts of
magnetic moment into the IT; state. Neglected effects of the 23
state and the anomalous moment of the electron would give small
contributions (of order 0.001 yo) to all rotational states.

case (b). The negative sign applies to all other cases.
wo is taken as positive. This result can also be obtained
by expanding, in the zero-field limit, the general for-
mulas for the Zeeman effect given by Hill.24

The effects of the 22 state are neglected. To this
approximation both members of the A-type doublet
have identical magnetic moments given by (34). A more
detailed calculation should take into account the
anomalous moment of the electron and the influence of
the %2 state. Both of these effects are of the same order
of magnitude (~0.001x,) and much smaller than the
contributions from intermediate coupling, except for the
lowest rotational level /=% in II; states where the
intermediate coupling effect vanishes. In pure case (a),
for I states, (34) becomes

—3uo

— 35
T G

and in case (b),

*_ﬂ_(
Yo

and for extremely high rotational states u;—=uo as
one would expect, since A is perpendicular and S
parallel or antiparallel to J.

The behavior of u; in OH (A\=—17.44) as a function
of J as given by (34) is shown in Fig. 3. The rise of the
magnetic moment with J in the II, state, and a value
already of 0.3uo for /=%, demonstrates that substantial

1
$(J+3 :I:————); 36
F=(+3) 1 (36)

Zeeman splittings can be obtained with fields of only a .

few gauss, which allows convenient detection of the
spectra by Zeeman modulation.

At low fields that do not disturb the coupling scheme,
and if nuclear spin is neglected for the moment, the

% E, L. Hill, Phys. Rev. 34, 1507 (1929).

SANDERS,

AND TOWNES

Zeeman energies are
Ws'—_-—y'H:gJ/J,oHMJ. (37)

The molecular g-factor g; is given by dividing the
expressions for us by (—uo)[J(J+1)]E

When the hyperfine structure is much larger than the
Zeeman energy, Zeeman effects in the presence of
hyperfine structure can easily be calculated. Approxi-
mate numerical comparison of (33) with (37) (H~5
gauss) shows that this is the case in the II; state of both
OH and OD and the II; state of OH. In these states

W3'=gFMOHMF,
F(F+1)+J(J4+1)—I(I+1)
2F (F+1) '

gr=grs (38)

The small term yr-H is neglected in (38). For the II;
state in OD, (33) and (37) show that the hyperfine
structure and the Zeeman effect are of the same order.
This case requires more detailed treatment.® In the
present work the Zeeman effect was used exclusively
for detection purposes and precise measurements of it
were not attempted.

(e) Matrix Element for A-Type Doubling
Transitions in Intermediate Coupling

We are interested in the matrix element for electric
dipole transitions of the type AJ=0 between the two
members of the A doublet. The quantity that need be
evaluated is

(@ |uk|a'T),

where o and o’ stand for the two states of the symmetric
and antisymmetric type given by (4) above, u is the
electric dipole moment and k a unit vector along the
internuclear axis.

In pure case (@) the matrix element is?

lwss| =uQ/[(T+1) (2T +1) .

We use wave functions (10) to evaluate this in inter-
mediate coupling. Since the electric dipole moment
operator has no matrix elements connecting the II; and
II; states, ug; is simply the sum of the contributions
from the two pure components in each of the wave
functions (10). Hence

2

(J4+1) (2T +1)4X?
Q2 (2 X2 —N)2 422 2 (X2— (2—2)2) .

[wij|2= [Q2(£X—24N)?

(39)

With @,=% and ©,=% in (39), the upper signs in front
of X are to be taken for the state J=N-1% in case (b)
or in case (a) for the II; state when X is positive and for
the II; state when X is negative. The lower signs apply
to the state which gives J=N—% in case (b), or to the
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II; or II; state in case (a) if A is positive or negative
respectively.

In the limit of pure case (b), we can neglect (2—\)
compared to X and (39) becomes

u2A2

u? 21+Q2 2_
(J+1)(2]—|—1)( 2 )—(J+1)(2J+1)'
(40)

[wis] 2=

This expression applies to both components of the spin
doublet, and is identical with the one for /-type doublet
transitions in linear triatomic molecules.?

The main feature of the intermediate coupling for-
mula (39) is that |u;;|? in case (a) is 9 times stronger
(for the same J) for the II; state than for the II; state.
During the transition from case (@) to () the ratio
|mi;| 2 in I to that in II; state gradually decreases until
it becomes unity in case (b).

Expression (39) is the appropriate one to be sub-
stituted into (1) for the calculation of line intensities.

(f) Centrifugal Distortion in Intermediate
Coupling

Effects of centrifugal distortion for a light molecule
such as the OH represent substantial corrections that
have to be applied to all expressions involving the rota-
tional constant B. One uses

Dy
B=Bo(1———f , (41)
By
where D, is the centrifugal constant and f has the form
N(N+1) in pure case ().

We need the form of f that applies in the intermediate
coupling state. One can see that the distortion will
depend on the extent of intermediate coupling from
the following simple consideration. In pure case (b) the
distortion depends exclusively on &V, which fails to be
a good quantum number when the perturbation AL-S,
with matrix elements AN =41, introduces intermediate
coupling.

One can calculate f in the general case starting with
basic wave functions of case (a) [(10) above] or case
(8). It is probably more appropriate to use for this
correction basic wave functions of Hund’s case (b),
since in OH the value of Dy has been obtained from
ultraviolet measurements® involving higher rotational
states and using the form N(N-1). We will then
calculate this distortion starting with the c